MATEMATICKA
ANALIZA

Povrsina lika
omedenogd
Krivuljama



Newton — Leibnizova formula

Neka je funkcija f definirana i neprekidna na [a, b].
Tada postoji primitivha funkcija F funkcije f 1 vrijedi:

b
b
f F)dx = F(O)| =F(b) - F(a)
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Metode Integriranja
* Neposredna integracija

* Metoda supstitucije
e Zamjena granica integrala

 Parcijalna integracija
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Zadatak 1. fx?’\/x“ + 9dx
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Zadatak 2. fxg’\/x‘L +9dx = (*)
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Zadatak 3. f Inx
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Zadatak 4. J (x — 3) cos 2x dx
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u=x—3 dv =cos2xdx
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J(x 3) cos 2x dx du = dx v=§sin2x
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Zadatak 4.

T
2

p x—3 1 "
f(x—B)costdx = > Sin 2x +ZCOSZx
z

T
— (=2 sin2m + 2 cos 2 (7_3 nm 4+ )
— 7 SIN 4TT 4‘COS T 7 SINTT 4COS7T

_I_

1
2

1 1
4 4




Povrsina lika omedenog krivuljama

y=g(x) . | |
\ gornja krivulja

donja krivulja

b
P=[(r@) - g (Hax
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Povrsina lika omedenog krivuljama
gl/fr(x)+m

_ amamm
gr

b b
— j((f(x) +m) — (g(x) + m))dx P = j(f(x) — g (x))dx
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Zadatak 5. IzraCcunajte povrsinu lika omedenog krivuljama:
y:x2_4)x:_1;x:3; y:O.
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Zadatak 5. IzraCcunajte povrsinu lika omedenog krivuljama:
y:x2_4)x:_1;x:3; y:O.
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Zadatak 5. |zraCunajte povrsinu najveceg lika omedenog
krivuliama: y=x, y=x%—4x, y =4 — x.

PresjeciSta: y=1x, y = x? — 4x

b " x%—4x = x
's x; =0 X, =5
I - y1 =0 Y2 =5
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Zadatak 5. |zraCunajte povrsinu najveceg lika omedenog
krivuliama: y=x, y=x%—4x, y =4 — x.
2

p=—__ Plzf(x—(xz—élx))dx
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Zadatak 5. IzraCcunajte povrsinu lika u prvom kvadrantu
omedenog krivuljama: y =x, y=x%*—4x, y =4 — x.

= N T, Presjecista:
Is TZ (5,5)
T4- (410)

T5(2,2)
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Zadatak 5. IzraCcunajte povrsinu lika u prvom kvadrantu
omedenog krivuljama: y =x, y=x%*—4x, y =4 — x.

4
P1=f(x—(4—x))dx=4
2

5
P, = f(x — (x? — 4x))dx =1_63
4

37
P=P1+P2=?
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Zadatak 6. |zraCunajte povrsinu lika omedenog
krivuljama; y =e*, y=x“+1, x = 3.

3
P = f(ex — (x%2+1))dx
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